Suppose G is a locally compact T 0 -topological group ( = LC group). Let Γ denote the set of Borel subsets of G, that is, the ^-algebra generated by the closed subsets of G. Let μ be a left Haar measure defined on Γ (cf. [2] , pp. 184-215) and let Γ be the completion of Γ, that is, Γ = {B (J N: B e Γ, NaN', where N' e Γ and μN' = 0}. We extend μ to the <7-algebra Γ by defining μ(B U N) = μ(B) for all B\jNeΓ.
μ, so extended, is left-invariant and regular on Γ. By a Γ-measurable function on G we mean a function / from G to the complex plane C such that f~\A) e Γ for all Borel sets AaC.
We are concerned with Γ-measurable, rather /^-measurable, functions so that in the real case, for example, we can deduce that Lebesgue measurable, as well as Borel measurable, almost periodic functions are continuous.
A set A c G is called bounded if A is compact. We shall let e denote the identity of G and Ω the set of all bounded open neighborhoods of e in G, It is convenient to use the following "density theorem" whose proof is an exercise in Halmos' Measure Theory ( [1] , 61.5; Halnios' "Borel" sets are different from ours but his suggested proof works equally well in our setting. 
that is, for any ε > 0 there is a Ve Ω such that for all UeΩ, U a V,
If, for example, G is the additive group of real numbers, then the lemma states that a Lebesgue measurable almost periodic function is approximately continuous.
Proof of the lemma. We first show that it suffices to prove the lemma for the case x 0 = e. If x o eG, define f XQ (x) = f(xx Q ). Then for arbitrary x 0 e G f Xo satisfies the same hypotheses as / (it is immeasurable because right translation of the power set of G by x^1 preserves Γ and also preserves the property of being μ-null in Γ). Also
Thus if the lemma is true for any Γ-measurable almost periodic function when x Q = e, then it is also true for arbitrary x 0 e G.
We now suppose x 0 = e. Take δ > 0. If the statement of the lemma is false, then there is a real number ε, 0 < ε < 1, such that for every VeΩ there exists UaV, UeΩ, satisfying
Take V* eΩ and define T = Γ(/, <5, e) Π F*, so that Γ is a bounded member of Γ. Using the notation of the density theorem, it is the case that for every VeΩ there is a Ϊ7 e β, f/ c F,
In what follows we make frequent use of the last statement in the density theorem. Now μ(T) = t > 0 and the family Φ = {Ve Ω: d(V, T, e) > ε} isja base at e. By the density theorem there exists V o e Φ such that
Since V o eΦ we have and
. As Φ is a base at e, there exists F x e (P such that
so that α z αr 2 6 JΓ and where VΊ G Φ. Thus we have the follov/ing situation:
nF) > χ __ ε/2 for some Fe Ŵ e shall construct by induction a sequence {αjjli c: G such that ciidj 1 e T whenever 1 ^ j < ί. Suppose we are given
e T whenever l<^j<ί<Lm -1.
for some 7e(ί, Now as 7G(? we have and
As <£ is a base at e there exists F' G Φ such that
where F r e <P. As α lt -, a m satisfy conditions analogous to (i)' and (ii)', it follows that there exists a sequence {αJΓ=i c: G such that a^j and, in particular, μ(S) = r > 0. We make frequent use of the last statement in the density theorem in the sequel. Also we let Δ denote symmetric difference.
There is some Ό[ e Ω such that
μ({x e G: I d(U, S, x) -χ s (x) \ ^ 1/100}) < rβ
for all UeΩ such that UaU(. Combining (3) with (1) and (2) and using the fact that μ is left invariant gives and we take α 2 belonging to this set. Then α 2 satisfies
n Sα, n i n (iii)' There exists U e Ω such that
μ(S C)U) 99_ μ(U) 100
and
100* We shall show how to obtain a m+1 ,y m eG such that a l9 « ,α m+1 and Vu " *<Vm satisfy conditions analogous to (i)', (ii)', (iii)'.
Exactly as was done in the paragraph leading up to equation (3) we obtain a point y m e T(f, δ,e) such that Thus \f(y m ) -f(e) | g: δ. Combining the above relation with the relations of (iii)' and using the left invariance of μ, we get 
4)} I
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